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, Aret  QoÔlhZHTHMA 11. Na apode�xete ìti gia k�je zeÔgo
 migadik¸n arijm¸n z1, z2 isqÔei hisodunam�a
|z1|

2 + |z2|
2 = |z1 − z2|

2 ⇔ Re (z1z̄2) = 0 9 Monade
2. 'Estw z = 3− 4i. Na bre�te:(aþ) Ton gewmetrikì tìpo twn eikìnwn twn migadik¸n w gia tou
 opo�ou
isqÔei |z|2 + |w|2 = |z − w|2 8 Monade
(bþ) Tou
 migadikoÔ
 w pou èqoun mètro 10 kai isqÔei |z|2 + |w|2 =
|z − w|2 7 Monade
ZHTHMA 2Gia m�a suneq  sun�rthsh f : R → R isqÔei:

• (f (x))3 + x2f (x) = 2x (f (x))2 + x2ηµ2x gia k�je x ∈ R

• up�rqei to ìrio lim
x→0

f (x)

x
kai e�nai pragmatikì
 arijmì
1



1. Na apode�xete oti lim
x→0

f (x)

x
= 2 8 Monade
2. Up�rqei èna toul�qiston koinì shme�o th
 grafik 
 par�stash
 th
 fme ton �xona x′x to opo�o èqei tetmhmènh pou an kei sto di�sthma (1, 2).8 Monade
3. Na upolog�sete to ìrio

lim
x→0+

f (x) + x ln (ηµx)− 2x lnx

x 8 Monade
ZHTHMA 3D�netai h sun�rthsh
f (x) =







1−
√
1−x2

x2 x ∈ [−1, 0) ∪ (0, 1]

1
2

x = 01. Na apode�xete ìti h f e�nai suneq 
. 5 Monade
2. Na bre�te thn par�gwgo th
 f . 10 Monade
3. Na bre�te thn ex�swsh efaptomènh
 th
 Cf sto shme�o th
 A (

4
5
, f

(

1
2

)).5 Monade
4. Na apode�xete ìti up�rqei ξ ∈ R tètoio ¸ste
f (ξ) = f

(

ξ +
1

3

) 5 Monade
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ZHTHMA 4JewroÔme suneq  sun�rthsh f : R → R gia thn opo�a isqÔei:
• f (x) + ef(x) = 5− 4x gia k�je x ∈ R.
• f(1) = 01. Na apode�xete ìti:(aþ) H sun�rthsh f antistrèfetai. 4 Monade
(bþ) Gia k�je x 6= 1 isqÔei f(x) 6= 0 4 Monade
(gþ) H grafik  par�stash th
 f br�sketai k�tw apì ton �xona x′x stodi�sthma (1,+∞) 4 Monade
(dþ) H ex�swsh (f ◦ f) (x)− f (5− 10x3) = 0 èqei m�a toul�qiston r�zasto di�sthma (0, 1). 4 Monade
2. Na upolog�sete ta ìria:(aþ) lim

x→1

[

1
f(x)

· ηµf (x)
]5 Monade
 (bþ) lim

x→−∞

[1−f(2)]·x4+5x3+2
x3+x−2 4 Monade
Na apant sete se ìla ta zht mata.H exètash ja diarkèsei ti
 3 pr¸te
 didaktikè
 ¸re
.Kal  Epituq�a
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