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• z21 = 3 + i • z22 = 1 + 3i • w = z1

z21. Na apode�xete ìti o w den e�nai pragmatikì 5 Monade2. Bre�te to mètro tou w. 5 Monade3. Na apode�xete ìti o arijmì w−1
w+1 e�nai fantastikì. 5 Monade4. Na bre�te ton gewmetrikì tìpo twn eikìnwn twn migadik¸narijm¸n v gia tou opo�ou isqÔei ∣∣v − z21

∣

∣ =
∣

∣v + z22
∣

∣.5 Monade5. Na apode�xete ìti gia k�je migadikì u isqÔei:
|u+ w|+ |u− w| ≥ 2 5 Monade1



ZHTHMA 2'Estw f m�a paragwg�simh sun�rthsh me ped�o orismoÔ to R.1. An f (1) = f ′ (1) = 1 na bre�te thn tim  th parag¸gou thsun�rthsh g(x) = f 2 (x) ìtan x = 1. 6 Monade2. Na apode�xete ìti
lim
x→a

ef(x) − ef(a)

x− a
= f ′ (a) ef(a) 7 Monade3. Na bre�te to ìrio

lim
h→0

f
(

h2
)

− f (0)

h 7 Monade4. Na apode�xete ìti gia k�je t > 1 up�rqei èna toul�qiston
x0 ¸ste

f (x0) =
(t+ 1) f (t+ 1) + (t− 1) f (t− 1)

2t 5 Monade
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ZHTHMA 3'Estw suneq  sun�rthsh f : [0,+∞) → R tètoia ¸ste gia k�je
x isqÔei:

• f (x) ≥ 0

• (f ◦ f) (x) =
(

x2 + x+ 1
)

f (x)

• H ex�swsh f(x) = 0 èqei monadik  r�za.1. Na lÔsete thn ex�swsh f(x) = 0. 5 Monade2. Na apode�xete ìti h f e�nai 1-1. 5 Monade3. Na apode�xete ìti f (x) > 0 gia k�je x > 0. 5 Monade4. Na apode�xete ìti gia k�je x e�nai 4f (f (x)) ≥ 3f (x).5 Monade5. Upojètoume ìti lim
x→0

f(x)
x

= ℓ ∈ R. Bre�te to ℓ. 5 Monade
3



ZHTHMA 4D�nontai oi sunart sei
h (x) = xηµ 1

x
kai f (x) =

{

3− x− xh (x) , x 6= 0

3 , x = 01. Na apode�xete ìti(aþ) lim
x→0

h (x) = 0 (bþ) lim
x→+∞

h (x) = 1 6 Monade2. Na bre�te ta ìria:(aþ) lim
x→+∞

f (x) (bþ) lim
x→−∞

f (x) 4 Monade3. Na bre�te thn par�gwgo th f . 5 Monade4. Na bre�te to sÔnolo tim¸n th f . 5 Monade5. 'Estw (ε) h efaptomènh th grafik  par�stash Cf th fsto shme�o th A(0, 3) kaiM (α, f (a)) èna opoiod pote koinìshme�o th Cf kai th (ε). Na apode�xete ìti
|α| ≤

1

π 5 MonadeNa apant sete se ìla ta zht mata.H exètash ja diarkèsei ti 3 pr¸te didaktikè ¸re.Kal  Epituq�a4


