
T�xh G', Jetik -Teqnologik  KateÔjunshTr�wro Epanalhptikì Diag¸nisma sta Majhmatik�19 Ianouar�ou 2012Did�skonte: N.S. Maurogi�nnh, Alkibi�dh TzelèphZHTHMA 1JewroÔme ti sunart sei f (x) = lnx kai g (x) = f (x)f(x).1. Na bre�te to ped�o orismoÔ th g. 5 Monade2. Na bre�te thn g′. 6 Monade3. Na bre�te ta koin� shme�a twn Cf ,Cg. 7 Monade4. Na apode�xete ìti up�rqei akrib¸ èna shme�oM(a, b)th Cf sto opo�o o rujmì metabol  th f sto ae�nai �so me b. 7 Monade1



ZHTHMA 2'Estw suneq  sun�rthsh f : R → R tètoia ¸ste
lim
x→2

f (x)−
√
3x− 2

x− 2
= k ∈ R1. Na bre�te to f(2). 5 Monade2. Na apode�xete ìti h f e�nai paragwg�simh sto x0 = 2.7 Monade3. D�netai ìti h ex�swsh th efaptomènh th Cf stoshme�o th M(2, f(2)) sqhmat�zei me ton �xona x′xgwn�a π

4 .(aþ) Na bre�te to k. 5 Monade(bþ) Na bre�te to ìrio
lim
x→2

f (f (x))−
√

3f (x)− 2

x− 2 8 Monade
2



ZHTHMA 3D�nontai oi migadiko� z, w tètoioi ¸ste
• zw = 1

• Oi eikìne twn z, w kai h arq  O twn axìnwn nasqhmat�zoun orjog¸nio tr�gwno me koruf  orj gwn�a thn O.1. Na bre�te ton gewmetrikì tìpo twn eikìnwn twn
z, w. 9 Monade2. Na apode�xete ìti o z2 e�nai fantastikì. 8 Monade3. An epiplèon isqÔei ìti |z − w| =

√
2 bre�te to |z|8 Monade
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ZHTHMA 4'Estw f : [α, β] → R m�a suneq  sun�rthsh kai arijmo�
γ, δ tètoioi ¸ste α < γ < δ < β kai f (γ) < f (δ).Upojètoume h f èqei thn idiìthta:
(f (x)− f (γ)) (f (x)− f (δ)) ≤ 0 gia k�je x ∈ [a, β]1. Na apode�xete ìti ta f (γ) ,f (δ) e�nai, antisto�qwh el�qisth kai h mègisth tim  th f . 9 Monade2. Na apode�xete ìti h ex�swsh

f (x) =
βf (γ) + xf (δ)− αf (δ)− xf (γ)

β − aèqei m�a toul�qiston lÔsh sto [α, β]. 9 Monade3. Na apode�xete ìti h sun�rthsh g : [0, δ − γ] → R me
g (x) = f (x + γ) èqei to �dio sÔnolo tim¸n me th
f . 7 MonadeNa apant sete se ìla ta zht mata.H exètash ja diarkèsei ti 3 pr¸te didaktikè ¸re.Kal  Epituq�a4


