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ZHTHMA 1D�nontai oi sunart sei

f (x) = x4 − 2x2 + 3

g (x) = exf (x)1. Na melet sete thn f w
 pro
 thn monoton�a kai ta akrìtata.7 Monade
2. Na melet sete thn f w
 pro
 ta ko�la-kurt� kai ta shme�akamp 
. 6 Monade
3. Gia ti
 di�fore
 timè
 tou m na bre�te to pl jo
 twn riz¸nth
 ex�swsh
 g (x) = em+x. 6 Monade
4. Na upolog�sete to olokl rwma ∫

1

−1
g (x) dx. 6 Monade
1



ZHTHMA 2'Estw f : R → R m�a sun�rthsh tètoia ¸ste gia k�je x ∈ R naisqÔei:
x3 + (f (x))3 = 11. Na bre�te thn f . 6 Monade
2. Na exet�sete an efarmìzetai gia thn f to je¸rhma mèsh
tim 
 sto di�sthma [

−2, 3
√
9
]. 6 Monade
3. Na exet�sete an up�rqei ξ ∈
(

−2, 3
√
9
) tètoio ¸ste

f
(

3
√
9
)

− f (−2)
3
√
9 + 2

= f ′ (ξ) 6 Monade
4. Na bre�te ti
 asÔmptwte
 th
 f . 7 Monade
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ZHTHMA 3JewroÔme thn sun�rthsh
f (x) = ηµx− 2

π
x , x ∈

[

0,
π

2

]1. Na de�xete ìti up�rqei akrib¸
 èna x0 ∈
(

0, π
2

) tètoio ¸ste
f ′ (x0) = 0 9 Monade
2. Na melet sete w
 pro
 thn monoton�a thn f . 8 Monade
3. Na apode�xete ìti gia k�je x ∈

(

0, π
2

) isqÔei:
ηµx >

2

π
x 8 Monade


3



ZHTHMA 41. 'Estw φ : [0,+∞) → R m�a paragwg�simh sun�rthsh tètoia¸ste gia k�je x > 0 na isqÔei:
• φ(x) > 0
• 2φ (x) = xφ′ (x)

(1)(aþ) Na apode�xete ìti up�rqei c > 0 ¸ste:
φ(x) = cx2 gia k�je x ≥ 0 8 Monade
(bþ) An epiplèon h grafik  par�stash th
 φ dièrqetai apì toshme�o P (1, 1) na breje� poiì shme�o th
 grafik 
 par�s-tash
 apèqei apì to shme�o Q(0, 1) el�qisth apìstash.8 Monade
2. Na bre�te suneq  sun�rthsh f , orismènh sto [0,+∞), pougia k�je x > 0 e�nai f(x) > 0 kai èqei thn idiìthta:An M(t, f(t)), t > 0 e�nai èna shme�o th
 grafik 
 th
 par�s-tash
 Cf tìte to embadìn tou qwr�ou pou perikle�etai apì

• thn Cf kai ti
 euje�e
 x = 0, x = t, y = 0e�nai �so me to 1

3
tou embadoÔ tou parallhlogr�mmou me ko-rufè
 ta shme�a

• O(0, 0), A(t, 0),M(t, f(t), B(0, f(t)) 9 Monade
Na apant sete se ìla ta zht mata.H exètash ja diarkèsei ti
 3 pr¸te
 didaktikè
 ¸re
.Kal  Epituq�a4


