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ZHTHMA 1

'Estw

f (x) =
x

1 + x2

1. Na brejoÔn oi f ′, f ′′
.

5 Monade


2. Na melethje� h f w
 pro
 th monoton�a kai ta akrìtata.

5 Monade


3. Na melethje� h f w
 pro
 ta ko�la-kurt� kai ta shme�a kamp 
.

5 Monade


4. Na breje� to sÔnolo tim¸n th
 f .

5 Monade


5. Na breje� to embadìn tou qwr�ou pou perikle�etai apì thn Cf kai

ti
 euje�e
 x = −1, x = 1, y = 0.

5 Monade
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ZHTHMA 2

D�netai h sun�rthsh

g (x) =
√
x2 + 1

1. Na apode�xete ìti h euje�a y = x e�nai asÔmptwth th
 g gia x →
+∞.

6 Monade


2. Na exet�sete an h grafik  par�stash th
 g tèmnei thn asÔmptwth

th
 y = x.

6 Monade


3. Na bre�te to ìrio

lim
x→+∞

(g (x + 3)− g (x + 2) + g (x + 1)− g (x))

6 Monade


4. Na bre�te shme�o th
 Cg pou apèqei apì to shme�o A (1, 0) el�qisth

apìstash.

7 Monade
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ZHTHMA 3

Gia thn sun�rthsh f : R → R e�nai gnwstì ìti

• E�nai paragwg�simh.

• IsqÔei

f 3 (x) + f (x) = 2x

gia k�je x.

1. Na apode�xete ìti h f e�nai gnhs�w
 aÔxousa.

4 Monade


2. Na bre�te to prìshmo th
 f

4 Monade


3. Na bre�te thn f−1
.

4 Monade


4. Na bre�te to embadìn tou qwr�ou pou perikle�etai apì thn Cf , ton
�xona x′x kai thn euje�a x = 1.

7 Monade


5. Na apode�xete ìti an 0 < α < β tìte isqÔei:

βf (α) > αf (β)

6 Monade
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ZHTHMA 4

'Estw

ϕ (x) = xex
2

F (x) =

∫ x

x−1

et
2

dt

1. Na melet sete w
 pro
 th monoton�a ti
 ϕ, F .

6 Monade


2. Na apode�xete ìti h F e�nai kurt .

6 Monade


3. Na apode�xete ìti gia k�je x > 1 isqÔei

(e− 1) (x− 1) +

∫
1

0

et
2

dt < F (x) < ex
2

6 Monade


4. Na bre�te to ìrio:

lim
x→+∞

∫ x

x−1

et
2−x3dt

7 Monade


Na apant sete se ìla ta zht mata.

H exètash ja diarkèsei ti
 3 pr¸te
 didaktikè
 ¸re
.

Kal  Epituq�a
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